Preliminaries* Let L = Q(e n ) and let K be a subfield of L. Although it is not necessary for all results in the paper it is convenient to choose n as small as possible for a given K. The Schur subgroup S(K) of the Brauer group B(K) consists of those equivalence classes [A] which contain an algebra which is isomorphic to a simple summand of the group algebra KG for some finite group G. An elegant proof of the following result was given by Janusz [18, Prop. 
If [A]eB(K) and A satisfies (1.2)-(1.3) then A is said to have uniformly distributed invariants.
These algebras form a subgroup U{K) of B(K). For a treatment of this group see Mollin [7, 14, 15, 16] . We note from (1. We shall have need of the following formula which can be found in Deuring [3] :
Let K/F be finite and let q be a ίΓ-prime above the F-prime q. Then:
Henceforth, when we write a tensor product it shall be assumed to be taken over the center of the algebra in the left factor. Moreover, by the symbol S(F) ® K we mean the image of S(F) under the map which extends the center to K. The symbol ~ denotes equivalence in the Brauer group.
If q is an F-prime above q, then any reference to the decomposition of q in K over F (abelian), shall be referred to as the decomposition of q in K/F since the decomposition essentially depends on q and not on q. For example if q is unramified in K over Fwe say q is unramified in K over F.
Finally, for groups G and H contained in G, aeG -H means aeG but aίH.
For most basic results concerning S(K) the reader is referred to [18] . 2* Induced p-elements* Let Q(ε n ) be the smallest cyclotomic field containing K. We may assume n Ξ£ 2(mod 4) since Q(ε n ) = Q(e 2n ) whenever n is odd. Let p be a prime such that if p is odd then ε p2 is not in K and if p = 2 then n is odd. Let F be a subfield of K and set G o = G(Q(ε n )/F). Now we present for the first time necessary and sufficient conditions for S(K P ) to be induced from S(F) P . In the following theorem we maintain the above notation and assumptions. To avoid the trivial case S(K) P = 1 we assume ε p is in K. THEOREM 
S(K) P = S(F) P ®K if and only if
(1) ε p is in F and (2) G?nG = G p .
Proof. Since S(K) P Φ 1 then equality holds only if ε p is in F.
We show that the equality of the theorem is equivalent to (2) 
. If K/Q is real of even degree and K is in Q(ε n ) where n is odd and no prime congruent to 1 modulo 4 divides n then S(K)
Before presenting a sequence of results anchored to Theorem 2.1 we demonstrate that the theorem does not hold if n is even and ε 4 is not in K. We shall need a result which we isolate as a lemma since it verifies remarks made in Mollin [14, p. 165], (remarks follow Theorem 2.2 therein).
Proof, (i) If α = 2 and fe = 1 the result is clear. We assume that h > 1. We see easily that in order to obtain S(K) = S(Q) (x) iί it suffices to prove ind^A^l for [A] > and G = <1) = G 2 . This establishes the counterexample. Now we establish a series of results tied to Theorem 2.1. In the introduction to [19] Yamada remarks that if K is a real subfield of Q(ε n ) such that G{Q(e n )jK) is cyclic; then the structure of S(K) does not depend on whether or not n is divisible by a prime congruent to 3 modulo 4. Lemma 2.3 indicates that Yamada is correct in general. However, if we restrict our attention to maximal real subfields of Q(e n ) for n odd the result goes through. The following theorem therefore is the exact analogue of Yamada's result on real quadratic fields [18] .
Moreover, this theorem generalizes and simplifies the proof of the result obtained in Mollin [14, Th. 2.2, p. 164]. Finally it completes the answer to the 'Tensoring question' for the maximal real subfield of Q(ε w ) for any n. 
is odd. Then S(K) = S(Q) ® K if and only if there exists a prime q dividing n such that q = 3(mod 4).

Proof. To establish the necessity assume S(K)
2 ) where the φ t and h, are defined as in the above example. If we assume p t Ξ= I(mod4) for all i = 1, 2,
, s then it is clear that h t = 0(mod4) for all i -1, 2, , s. Thus: «ΠG = <(^ί It is reasonable to ask whether or not a similar result holds for an arbitrary real subfield Q(ε n ) for n odd. If % is a prime-power it does, (see [18] ).
However, if n is divisible by at least 2 distinct primes it does not. The following counterexample illustrates this fact.
Let n -65 and let:
Let φ = φu φt and let K equal the fixed field of (φ). We note However, by (iii) above we have \K % \M^\~2 so it follows that inv, A -0, a contradiction which secures the theorem.
We note that the above theorem includes the case where M = Q(ε n + ε; 1 ) for n odd. The following theorem establishes that for n even the result does not hold. Moreover it yields necessary and sufficient conditions for elements of order 2 in S(Q(εJ) to be induced from S(M). THEOREM 2.6 . Let K=Q(e n ), ikf^Q^ + ε-1 ).
All elements of order 2 in S(K) are induced from S(M) if and only if n is odd or a power of 2.
Proof First we prove the necessity of the condition. Assume that n^=2 a m, where (2, m) = l, α>l, m>l. We now prove that there exists an element of order 2 in S(K) which is not induced from S(M). Choose a prime p = I(mod2 α ) and p = -l(modm). Thus the residue class degree of p in K over Q is 2; i.e., the smallest integer / such that p f Ξ l(modτι) is / = 2. However, p = p For a treatment of this subgroup, which we call the 'group of algebras with uniformly distributed invariant for K relative to F', see Mollin [9] . We note here that
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